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C-CONVEX DOMAINS
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The following propositions due to N. Nikolov are proved (dp, cp, kp, bp, ED are
respectively the distance to 0D, the Carathéodory, Kobayashi and Bergman distances
and the Lempert function of D).

Proposition 1. Let D C C™ be a convex domain. Then
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In particular, if D is bounded, then for any compact set K C D there is cx > 0 such
that

bp(z,w) < —ck logdp(w) +cx, z€ K, weD.

Proposition 2. Let D C C™ be a C-convex domain. Then
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In particular, if D is bounded then for any compact set K C D there is cx > 0 such
that

z,w € D.

1
bp(z,w) > —Zlogdp(w) —cix, z2z€K,weD.

Proposition 3. Let D C C™ be a bounded domain and let sp be kp or bp.
(a) If D is locally C-convexifiable then there exists ¢ > 0 such that for any compact set
K C D there is cx > 0 satisfying

sp(z,w) > —clogdp(w) —cx, z€ K, weD.

(b) If D is locally C-convezifiable and C**¢-smooth then there ewists ¢ > 0 such that
for any compact set K C D there is cx > 0 satisfying

sp(z,w) < —clogdp(w) + cx, z€ K, weD.

(¢) If D is locally convezifiable then for any compact set K C D there is cx > 0 such
that
sp(z,w) < —cglogdp(w) +cx, z€ K, weD.

Proposition 4. Let p be a C't¢-smooth boundary point of a domain D C C and let sp
be cp, kp or bp/\/2. Then

(a) For any sufficiently small neighborhood U of p there exist a neighborhood Viy of p
and a constant cy > 0 such that

1
sp(z,w) > —§logdp(w) —cy, 2€D\U, weDNVy.

(b) For any compact set K C D there exist a neighborhood Vi of p and a constant
cix > 0 such that

1
sp(z,w) < —§long(w) +cx, ze€ K, weDnNVg.
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